As an important feature, deformation analysis is of great significance to ensure the safety and stability of arch dam operation. In this paper, Jinping-I arch dam with a height of 305 m, which is the highest dam in the world, is taken as the research object. The deformation data representation method is analyzed, and the processing method of deformation spatiotemporal data is discussed. A deformation hybrid model is established, in which the hydraulic component is calculated by the finite element method, and other components are still calculated by the statistical model method. Since the relationship among the measuring points is not taken into account and the overall situation cannot be fully reflected in the hybrid model, a spatiotemporal hybrid model is proposed. The measured values and coordinates of all the typical points with pendulums of the arch dam are included in one spatiotemporal hybrid model, which is feasible, convenient, and accurate. The model can predict the deformation of any position on the arch dam. This is of great significance for real-time monitoring of deformation and stability of Jinping-I arch dam and ensuring its operation safety. time, space, complexity, and uncertainty. In order to improve the quality of the spatiotemporal data mined in Jinping-I arch dam, it is necessary to preprocess the polluted spatiotemporal data.
Introduction
In order to understand the operation state of Jinping-I arch dam, a large number of monitoring points are set up. The monitoring data of dam environmental quantity, such as deformation and temperature, is acquired regularly, so as to build the dam monitoring system. As an important feature, deformation data analysis is particularly important [1] [2] [3] [4] [5] . In fact, the deformation data of arch dam comes from the monitoring points with different spatial coordinates. Then the data not only has the time property, but also has spatial property, which is typical spatiotemporal data. In addition, because of the integrity of the dam structure in different degrees, the operational behaviors of the adjacent monitoring points affect and correlate with each other. At present, a lot of analysis is carried out on the characteristics of dam deformation on time [6] [7] [8] , but there is little research on its time-space characteristics.
More and more attention has been paid to the representation methods which are specially aimed at the characteristics and requirements of spatiotemporal data [9] [10] [11] [12] [13] [14] [15] , such as panel data, spatial panel data, and other emerging methods. Many scholars have conducted a lot of research in this regard. As a kind of typical spatiotemporal data [16] [17] [18] [19] [20] , the deformation of Jinping-I arch dam is characterized by The data structure of time series is shown in Table 1 . The data structure of time series is relatively simple, which can be very concise to show the process of deformation value changing with time of measuring points. However, for each measuring point, if a separate time series is established, the data series will be relatively complex. At the same time, because of the simplicity of data structure, the information available for analysis is relatively limited, and the processing ability for missing variable deviation is not strong.
(2) Cross-section data representation In some specific cases, it is necessary to analyze the deformation of different monitoring points at a certain time point of the arch dam. For example, the overall deformation of the arch dam on a certain date and the distribution of the deformation value of the measuring point on the cross section, so as to monitor the abnormal point. At a specific time point, the deformation data formed by all the measuring points is called cross-section data. Typical cross-section data is shown in Figure 2 . The data structure of time series is shown in Table 1 . The data structure of time series is relatively simple, which can be very concise to show the process of deformation value changing with time of measuring points. However, for each measuring point, if a separate time series is established, the data series will be relatively complex. At the same time, because of the simplicity of data structure, the information available for analysis is relatively limited, and the processing ability for missing variable deviation is not strong.
(2) Cross-section data representation In some specific cases, it is necessary to analyze the deformation of different monitoring points at a certain time point of the arch dam. For example, the overall deformation of the arch dam on a certain date and the distribution of the deformation value of the measuring point on the cross section, so as to monitor the abnormal point. At a specific time point, the deformation data formed by all the measuring points is called cross-section data. Typical cross-section data is shown in Figure 2 . Time series representation is the most common method in the traditional dam deformation analysis. Generally, for a certain measuring point in the monitoring system, the deformation value and the acquisition time point correspond one by one. Typical time series data is shown in Figure 1 . The data structure of time series is shown in Table 1 . The data structure of time series is relatively simple, which can be very concise to show the process of deformation value changing with time of measuring points. However, for each measuring point, if a separate time series is established, the data series will be relatively complex. At the same time, because of the simplicity of data structure, the information available for analysis is relatively limited, and the processing ability for missing variable deviation is not strong.
(2) Cross-section data representation In some specific cases, it is necessary to analyze the deformation of different monitoring points at a certain time point of the arch dam. For example, the overall deformation of the arch dam on a certain date and the distribution of the deformation value of the measuring point on the cross section, so as to monitor the abnormal point. At a specific time point, the deformation data formed by all the measuring points is called cross-section data. Typical cross-section data is shown in Figure 2 . It is assumed that there are n deformation monitoring points in an arch dam. For a specific time point, the structure of its cross-section data is shown in Table 2 . Table 2 . Cross-section data structure.
Cross-section data can only reflect the deformation value of the measuring point at a certain time, which cannot reflect the change of deformation value with time. In addition, the time series length of different measuring points is often different, so it is time-consuming, laborious, and inefficient to investigate the cross-section data of a certain time point.
(3) Panel data representation
Panel data refers to the data sequence of the same group of individuals over a period of time. Compared with the traditional time series, panel data adds cross-sectional dimension besides the time dimension. Therefore, it is named a two-dimensional data expression mode, which can express the deformation series of all measuring points at the same time. Typical panel data is shown in Figure 3 . It is assumed that there are n deformation monitoring points in an arch dam. For a specific time point, the structure of its cross-section data is shown in Table 2 . Cross-section data can only reflect the deformation value of the measuring point at a certain time, which cannot reflect the change of deformation value with time. In addition, the time series length of different measuring points is often different, so it is time-consuming, laborious, and inefficient to investigate the cross-section data of a certain time point.
Panel data refers to the data sequence of the same group of individuals over a period of time. Compared with the traditional time series, panel data adds cross-sectional dimension besides the time dimension. Therefore, it is named a two-dimensional data expression mode, which can express the deformation series of all measuring points at the same time. Typical panel data is shown in Figure  3 . Assuming that there are n deformation monitoring points and t time points in an arch dam, the panel data structure is shown in Table 3 . Obviously, panel data has two dimensions with n and t. Panel data is composed of time series of a group of measuring points, which combines time series and cross-section data at the same time. The main advantages are as follows. (1) Compared with time series, it can better solve the problem of missing variable deviation. (2) It has two dimensions of time series and cross-section at the same time, which can provide more dynamic behavior information of individuals and more accurate estimation.
(4) Spatial panel data representation Assuming that there are n deformation monitoring points and t time points in an arch dam, the panel data structure is shown in Table 3 . Table 3 . Panel data structure.
Obviously, panel data has two dimensions with n and t. Panel data is composed of time series of a group of measuring points, which combines time series and cross-section data at the same time. The main advantages are as follows. (1) Compared with time series, it can better solve the problem of missing variable deviation. (2) It has two dimensions of time series and cross-section at the same time, which can provide more dynamic behavior information of individuals and more accurate estimation. For the deformation monitoring data of Jinping-I arch dam, the location of the monitoring points is also concerned, so as to determine the abnormal location. In addition, the deformation of the adjacent measuring points in space may also affect each other. On the basis of the original panel data, the spatial coordinates (or spatial relations) of each measuring point is further considered. It is equivalent to adding the spatial coordinates of different points to the cross-section data in the two-dimensional panel data (time and cross-section). The data structure of the spatial panel is shown in Table 4 . Table 4 . Space panel data structure.
Points
Space Coordinates
From time series, cross-section data and panel data to spatial panel data, it is easy to find that the dimension of data and the capacity of samples are growing, and the information available for mining is also increasing geometrically with the change of data representation methods. The relationship of the several data representation methods is shown in Figure 4 . For the deformation monitoring data of Jinping-I arch dam, the location of the monitoring points is also concerned, so as to determine the abnormal location. In addition, the deformation of the adjacent measuring points in space may also affect each other. On the basis of the original panel data, the spatial coordinates (or spatial relations) of each measuring point is further considered. It is equivalent to adding the spatial coordinates of different points to the cross-section data in the twodimensional panel data (time and cross-section). The data structure of the spatial panel is shown in Table 4 . Table 4 . Space panel data structure.
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From time series, cross-section data and panel data to spatial panel data, it is easy to find that the dimension of data and the capacity of samples are growing, and the information available for mining is also increasing geometrically with the change of data representation methods. The relationship of the several data representation methods is shown in Figure 4 . Spatial panel data considers the spatial coordinates of different measuring points, which facilitates the study of spatial relations of them. At the same time, the amount of information contained in spatial panel data is far larger than the traditional data representation method, which is an ideal mining object for spatiotemporal data analysis. Therefore, the content of spatiotemporal data analysis in this paper is based on spatial panel data.
Preprocessing of Spatiotemporal Deformation Data
The preprocessing of spatiotemporal deformation data is the premise of spatiotemporal data analysis. Spatiotemporal data analysis involves a large amount of deformation data from multiple monitoring points, most of which are polluted to varying degrees, resulting in a variety of errors and anomalies. At the same time, some deformation data is redundant, completely unrelated, or lost, which may interfere with the discovery of valuable spatiotemporal rules or patterns. This section will introduce some pretreatment methods existing in the deformation data.
Deformation data is affected by many factors in the process of obtaining, so the problem of data pollution is also diverse. The spatiotemporal data pollution is an objective phenomenon, which cannot be completely avoided, and can only be reduced by certain means. For the dam that has been built, the pretreatment can be started from the following aspects: Spatial panel data considers the spatial coordinates of different measuring points, which facilitates the study of spatial relations of them. At the same time, the amount of information contained in spatial panel data is far larger than the traditional data representation method, which is an ideal mining object for spatiotemporal data analysis. Therefore, the content of spatiotemporal data analysis in this paper is based on spatial panel data.
Deformation data is affected by many factors in the process of obtaining, so the problem of data pollution is also diverse. The spatiotemporal data pollution is an objective phenomenon, which cannot be completely avoided, and can only be reduced by certain means. For the dam that has been built, the pretreatment can be started from the following aspects:
(1) During the dam operation, it is necessary to ensure the instruments maintenance to prevent the loss or error of deformation data. For the key monitoring location, the combination of manual monitoring and instrument monitoring is supposed to be adopted to ensure the authenticity and integrity of the data. For the newly found abnormal deformation location, deformation monitoring instruments is necessary to be added to track the deformation data in time. (2) In the analysis stage of deformation data, only by fully extracting the influencing factors of dam deformation and establishing a relatively complete and reasonable deformation analysis model can the deformation state of dam be truly reflected to a greater extent.
In practical engineering, due to uncontrollable reasons such as human error and instrument damage, deformation data are often missing. For the missing spatiotemporal data, there are two main processing methods at present.
(1) Neglect method. In general, the real deformation data cannot be recovered completely, the unreasonable estimation of the missing value may lead to errors in the analysis model, so the missing data is neglected and not processed. To some extent, this method is reasonable and common. (2) Likelihood method. In some specific cases, if it is necessary to study the spatial distribution of cross-section data at a certain time, it is still necessary to estimate the missing data and replace the missing value with the most likely likelihood value at that time.
As a typical large-scale spatial structure, Jinping-I arch dam has certain integrity in different scales. Thus, its deformation value distribution has certain continuity in space. Based on this assumption of spatial continuity, this paper proposes a method to estimate some missing deformation values.
(1) Interpolation of spatial neighboring points It is assumed that there are three monitoring points, A, B, and C, which are close to each other in space and related to the structure of an arch dam. Among them, the data of measuring points A and C are complete, but one section of data of measuring point B is missing, as shown in Figure 5 . (1) During the dam operation, it is necessary to ensure the instruments maintenance to prevent the loss or error of deformation data. For the key monitoring location, the combination of manual monitoring and instrument monitoring is supposed to be adopted to ensure the authenticity and integrity of the data. For the newly found abnormal deformation location, deformation monitoring instruments is necessary to be added to track the deformation data in time. (2) In the analysis stage of deformation data, only by fully extracting the influencing factors of dam deformation and establishing a relatively complete and reasonable deformation analysis model can the deformation state of dam be truly reflected to a greater extent.
(1) Interpolation of spatial neighboring points It is assumed that there are three monitoring points, A, B, and C, which are close to each other in space and related to the structure of an arch dam. Among them, the data of measuring points A and C are complete, but one section of data of measuring point B is missing, as shown in Figure 5 . Considering the spatial proximity of measuring points A, B, and C, the missing value of measuring point B should be related to that of measuring point A and C in the missing period. Therefore, the deformation sequence of measuring point B can be expressed as a function of the deformation value of measuring point A and C. The expression is as follows:
(1) Considering the spatial proximity of measuring points A, B, and C, the missing value of measuring point B should be related to that of measuring point A and C in the missing period. Therefore, the deformation sequence of measuring point B can be expressed as a function of the deformation value of measuring point A and C. The expression is as follows:
where g(δ A ) and g(δ C ), respectively, represent the functions related to the deformation value of the measuring point A and C. They can be expressed by polynomials. Then,
where α A and α C are coefficients of polynomials containing δ A and δ C respectively; K A and K C are the highest degree of polynomials, which can be determined by drawing the scatter diagram of correlation between δ A , δc and δ B ; λ A i and λ C i are weight coefficients respectively; β B is the translation term; ε is the mean error. Furthermore, if considering the more general situation, for the deformation series of any monitoring point with missing data, it can be estimated as:
where L represents the number of measurement points close to measurement point i (a certain critical distance can be set to judge the proximity between different points); δ jt represents the deformation series of measurement points close to δ it ; g(δ jt ) represents the correlation function between δ it and δ jt ; β i represents the translation term of measurement point. According to the deformation data of δ it and the adjacent measuring points, the least square method can be used to estimate the value of α ij , so as to determine the model expression finally.
(2) Space inverse distance weighted interpolation If the least squares estimate is not effective or the lack of data is serious, the inverse distance weighted spatial interpolation method can be used to estimate the deformation value. That is to say, the data of missing measuring points is the result of weighted average of adjacent measuring points. At this time, the weight sum of deformation values of adjacent measuring points is 1, that is:
where α ij is related to the space distance between the measuring point i and the surrounding measuring point. According to 'Geography First Law', it is generally believed that the closer the space is, the stronger the correlation between the two points is. Therefore,
where α ij is the space distance between measuring point i and j; γ is generally taken as 1 or 2. Its advantage is that the estimated value of deformation is only related to the spatial position and the deformation value of any point can be estimated in a certain spatial range.
Spatiotemporal Hybrid Security Monitoring Model
According to the prototype monitoring data of the dam, the dam safety monitoring model is established with the application of mathematics, mechanics, information science, and other methods. The main task is to use the model to monitor the dam operation. The physical quantity obtained from deformation or stress monitoring is very important for monitoring the operation conditions. The deformation is intuitive and reliable, which is generally regarded as the most important monitoring quantity at home and abroad. In order to master the real operation state of the dam, it is necessary to analyze the measured data of each deformation and establish the prediction equation.
According to the different methods of model building, the models can be summarized as: statistical model, grey system model, fuzzy mathematical model, analysis and calculation with finite element method, hybrid model, etc.
Considering the lack of these models above, which is introduced in the introduction above, this paper selects the hybrid model as the monitoring method for the dam deformation.
Principle of Hybrid Model
The deformation of Jinping-I arch dam is a comprehensive reflection of several environmental factors. The relationships between some environmental factors (such as the water depth in front of the dam) and the deformation are clear. Through the corresponding mathematical and mechanical methods, the relationship between them can be established. When the relationship is not clear or it is difficult to be established with theoretical analysis, the statistical analysis and structural calculation will be used. Therefore, the hybrid model of dam deformation safety monitoring can be constructed.
Under the external load (water pressure, temperature, etc.), the deformation at any point can be divided into hydraulic component, temperature component, and time effect component according to their causes.
where δ is the measured deformation value; δ H (t), δ T (t), and δ θ (t) are hydraulic component, temperature component, and time effect component, respectively.
(1) Hydraulic component
The hydraulic component δ H (t) is calculated by finite element method. According to the known mechanical parameters of the dam body and dam foundation, the finite element method is used to calculate the deformation at each point δ H1 , δ H2 · · · , δ Hn under different water depth H 1 , H 2 · · · , H n .
where a i is the regression coefficient; H is the water depth in front of the dam during deformation observation, which is the reservoir water level minus the of the dam bottom elevation.
(2) Temperature component When the embedded thermometer of the dam body is insufficient, the internal temperature of the dam body reaches the quasi stable temperature field. Generally, temperature loading is taken as a periodic (harmonic) function, which can basically meet the modeling requirements. The harmonic factor is selected to approximate the change of temperature field of Jinping-I arch dam. That is to say:
where t is the accumulated days from the monitoring date to the starting monitoring date; t 0 is accumulated days from the starting date of the data series to the first monitoring date; b 1i and b 2i are the regression coefficients of temperature component. 
where θ = t/100, θ 0 = t 0 /100; c 1 and c 2 are the regression coefficients.
In conclusion, considering the influence of the initial value, the tracking prediction and analysis hybrid model of Jinping-I dam deformation is obtained as follows:
where a 0 is a constant term, and other symbols have the same meanings in Equation (8) to Equation (11) . In this paper, the calculating deformation of the established model is evaluated with the residual standard deviation (S) and the correlation coefficient (R).
where δ M t and δ c t are the measured and calculated values of deformation, respectively; n is the number of the measured values.
Spatiotemporal Hybrid Model
The above-introduced is a single point model, which does not consider the spatial relationship among the measurement points. At the same time, the single point model does not fully reflect the overall situation, which will affect the analysis accuracy. Also, there will be too many hybrid models for each point. It is difficult to predict the deformation of dam position without measuring points. In view of the above problems, this paper puts forward a deformation spatiotemporal hybrid model, in which the multiple measuring points in space are used and the spatial coordinate variables of points are introduced.
where H is the hydraulic factor; T is the temperature factor; θ is the time effect factor caused by the creep of concrete and the rheology of bedrock; x, y, and z are the the spatial coordinate variables.
The spatiotemporal hybrid model can timely understand the displacement field of dam body under any load combination (H, T, θ, · · ·) at a certain time and master the situation that the displacement of the location (x, y, z) deviates from the real displacement field due to local factors. Then, we can find out the abnormalities as early as possible, analyze the causes, take countermeasures, and eliminate hidden dangers. At the same time, when a certain coordinate (x, y, z) is fixed, the above model is the hybrid model of a specific measuring point. In addition, using the above model for analysis, the results can reflect the overall situation of the dam due to the connection of multiple measuring points. The above-mentioned methods and theories have been successfully applied to Danjiangkou, Longyangxia, Foziling, Three Gorges, and other dams. The following describes the principle and calculation formula of the spatial-temporal hybrid model.
It can be seen from the previous analysis that under the action of water pressure and temperature and considering the creep of dam concrete and the rheology of bedrock, the displacement field of dam and dam foundation will be generated.
(1) Calculation principle and formula of each component As we all know, in the small deformation range, under the action of external loads (water pressure, temperature, etc.), the deformation at any point of the dam and dam foundation can be divided into hydraulic component, temperature component, and time effect component according to their causes, as shown in Equation (15) . It will not be described in detail here. Considering the spatial distribution, the spatiotemporal hybrid model is established as follows:
Combined with Equation (12) 
When the deflection curve of a beam is studied, the above model degenerates into: 
When a horizontal arch is studied, the above model degenerates into:
The coordinates (x, y, z) of each measuring point and the water depth H, temperature T, and time effect θ corresponding to the measured deformation δ M (H, t, θ, x, y, z) are substituted into the above equations. The least square method is used for optimal fitting, so as to obtain the parameters in the above model. Namely
Take the partial derivative of Equation (20) , and get:
Then the parameters (A i , B i , C i ) in the model are obtained, that is, the spatial-temporal distribution model of spatial displacement field is established.
Case Study

Project Overview
Jinping-I hydropower station is the key project of the Yalong River, which is located in Sichuan Province. The project is mainly for power generation and also for flood control. The normal water level of the reservoir is 1880 m, the dead water level is 1800 m, the storage capacity below the normal water level is 7.76 billion m 3 , and the regulating storage capacity is 4.91 billion m 3 .
The main hydraulic structures of Jinping-I hydropower station are composed of concrete arch dam, cushion, plunge pool, powerhouse intake and spillway tunnel. Jinping-I arch dam has a large scale and a high level of main buildings. Dam horizontal displacements are measured by plumb lines. The specific layout of the pendulum system is shown in Figure 7 . For dam monitoring displacement, the general rule is: radial displacement is positive to downstream, and tangential displacement is positive to left bank. Jinping-I arch dam has a large scale and a high level of main buildings. Dam horizontal displacements are measured by plumb lines. The specific layout of the pendulum system is shown in Figure 7 . For dam monitoring displacement, the general rule is: radial displacement is positive to downstream, and tangential displacement is positive to left bank. Jinping-I arch dam has a large scale and a high level of main buildings. Dam horizontal displacements are measured by plumb lines. The specific layout of the pendulum system is shown in Figure 7 . For dam monitoring displacement, the general rule is: radial displacement is positive to downstream, and tangential displacement is positive to left bank. Figure 7 shows that the distribution of pendulum system is roughly uniform along the height direction, the same in the left and right bank direction, which can reflect the deformation state of the dam comprehensively. Figure 7 shows the rationality and effectiveness of the pendulum system.
Deformation Data Representation
In order to show how to use the spatial panel data representation method to express the deformation data, radial displacements of No. 16 dam section are taken as an example. The relative radial displacement distribution of PL16-1~PL16-5 measuring points on the dam section is shown in Figure 7 shows that the distribution of pendulum system is roughly uniform along the height direction, the same in the left and right bank direction, which can reflect the deformation state of the dam comprehensively. Figure 7 shows the rationality and effectiveness of the pendulum system.
In order to show how to use the spatial panel data representation method to express the deformation data, radial displacements of No. 16 dam section are taken as an example. The relative radial displacement distribution of PL16-1~PL16-5 measuring points on the dam section is shown in Figure 8 from 1 June 2017 to 30 December 2018. It can be found that the deformation process lines of these measuring points have a certain correlation. In view of the possible pollution problem in the deformation data, it is necessary to preprocess the spatiotemporal data. Here, we mainly discuss the estimation problem of the deformation missing data. In order to verify the feasibility of the method in Section 2.2, taking the measuring point PL16-3 in Figure 8 as an example, the missing section for up to two months (January and February 2018) are artificially constructed, as shown in Figure 9 . In view of the possible pollution problem in the deformation data, it is necessary to preprocess the spatiotemporal data. Here, we mainly discuss the estimation problem of the deformation missing data. In order to verify the feasibility of the method in Section 2.2, taking the measuring point PL16-3 in Figure 8 as an example, the missing section for up to two months (January and February 2018) are artificially constructed, as shown in Figure 9 .
In view of the possible pollution problem in the deformation data, it is necessary to preprocess the spatiotemporal data. Here, we mainly discuss the estimation problem of the deformation missing data. In order to verify the feasibility of the method in Section 2.2, taking the measuring point PL16-3 in Figure 8 as an example, the missing section for up to two months (January and February 2018) are artificially constructed, as shown in Figure 9 . The correlation between PL16-3 and other two measuring points PL16-2 and PL16-4 is expressed in the form of correlation diagram, respectively, as shown in Figure 10 . The correlation between PL16-3 and other two measuring points PL16-2 and PL16-4 is expressed in the form of correlation diagram, respectively, as shown in Figure 10 . According to the results of Figure 10 , the correlation between the measuring point PL16-3 and the adjacent measuring point is obviously linear. For the missing section estimation, the estimated formulas based on spatial proximal point interpolation and spatial inverse distance interpolation are: 
According to Figure 11 and Table 5 , it can be found that the missing value estimation method proposed in this paper has high accuracy. The estimation effect of spatial neighbor interpolation method is better. However, the advantage of spatial inverse distance weighted interpolation method is that it can estimate the deformation value of any measuring point in a certain space. Original series data Spatial proximal point interpolation Space inverse distance interpolation According to the results of Figure 10 , the correlation between the measuring point PL16-3 and the adjacent measuring point is obviously linear. For the missing section estimation, the estimated formulas based on spatial proximal point interpolation and spatial inverse distance interpolation are:
According to Figure 11 and Table 5 , it can be found that the missing value estimation method proposed in this paper has high accuracy. The estimation effect of spatial neighbor interpolation method is better. However, the advantage of spatial inverse distance weighted interpolation method is that it can estimate the deformation value of any measuring point in a certain space. Original series data Spatial proximal point interpolation Space inverse distance interpolation Figure 11 . Estimation of deformation missing data process lines. 
Hybrid Model Analysis
Finite Element Model of Jinping-I Arch Dam
In this paper, the hybrid model of dam horizontal displacement is established by combining the finite element numerical simulation method with the statistical method, so as to ensure the long-term operation of Jinping-I arch dam.
Based on engineering design and geological data, a three-dimensional finite element model of Jinping-I arch dam is established to study dam working state. The finite element is built according to the two-dimensional engineering drawings and the simulation calculation is conducted with the finite element software. Figure 12 shows the finite element model which consists of 923,737 elements and 957,221 nodes, and the number of nodes and elements for the dam body is 36,079 and 29,840, respectively. The mesh for dam body and foundation are relatively fine and coarse by progressive meshing technique to achieve a balance between accuracy and efficiency of the simulation. Furthermore, several models with different element sizes were established for mesh validation, which demonstrated that the selected model satisfy the demand calculation accuracy. Figure 13 simulates the shape of the mountain. Figure 14 shows the zoning concrete of dam body model. The arch dam body is divided into zone A, zone B, and zone C, according to the construction manual. In this paper, the hybrid model of dam horizontal displacement is established by combining the finite element numerical simulation method with the statistical method, so as to ensure the long-term operation of Jinping-I arch dam.
Based on engineering design and geological data, a three-dimensional finite element model of Jinping-I arch dam is established to study dam working state. The finite element is built according to the two-dimensional engineering drawings and the simulation calculation is conducted with the finite element software. Figure 12 shows the finite element model which consists of 923,737 elements and 957,221 nodes, and the number of nodes and elements for the dam body is 36,079 and 29,840, respectively. The mesh for dam body and foundation are relatively fine and coarse by progressive meshing technique to achieve a balance between accuracy and efficiency of the simulation. Furthermore, several models with different element sizes were established for mesh validation, which demonstrated that the selected model satisfy the demand calculation accuracy. Figure 13 simulates the shape of the mountain. Figure 14 shows the zoning concrete of dam body model. The arch dam body is divided into zone A, zone B, and zone C, according to the construction manual. Combined with the concrete test results, the modulus of elasticity for main zones are shown in Table 6 . Combined with the concrete test results, the modulus of elasticity for main zones are shown in Table 6 . Combined with the concrete test results, the modulus of elasticity for main zones are shown in Table 6 . Figure 15 shows time series of several radial displacement of some dam sections and water level. We can see that the deformation is greatly affected by the change of water level. Therefore, in the FEM model analysis, water level is an important factor to be considered.
to the finite element model on different water level, and the temperature component and time effect component are determined by the statistical model. Figure 15 shows time series of several radial displacement of some dam sections and water level. We can see that the deformation is greatly affected by the change of water level. Therefore, in the FEM model analysis, water level is an important factor to be considered. According to the finite element calculation, the radial displacement of 42 typical measuring points of the dam body under the load of 37 groups of upstream water level from 1700 m to 1880 m can be obtained. The regression trend line can be fitted, and the functional relationship between the radial displacement and the upstream water level can be obtained as the calculation basis of the hydraulic component in the hybrid model.
Here, measuring point PL13-2 is selected to briefly explain the calculation process. Table 7 is the finite element calculation table of hydraulic component of measuring point PL13-2.
In order to reduce the error of fitting function, the upstream water depth is firstly normalized. According to the finite element calculation, the radial displacement of 42 typical measuring points of the dam body under the load of 37 groups of upstream water level from 1700 m to 1880 m can be obtained. The regression trend line can be fitted, and the functional relationship between the radial displacement and the upstream water level can be obtained as the calculation basis of the hydraulic component in the hybrid model.
In order to reduce the error of fitting function, the upstream water depth is firstly normalized.
where H b = 1580, which is dam base elevation and H d = 305, which is the maximum dam height. According to the relationship between the displacement calculated by the finite element method and the normalized water level H, the fitting curve is fitted, which is shown in Figure 16 . The expression is as follows: δ H = −11.588 − 67.402 H − 128.580H 2 − 59.787H 3 + 83.438H 4 (26) where = 1580, which is dam base elevation and = 305, which is the maximum dam height. According to the relationship between the displacement calculated by the finite element method and the normalized water level , the fitting curve is fitted, which is shown in Figure 16 . The expression is as follows: = −11.588 − 67.402 − 128.580 2 − 59.787 3 + 83.438 4 (26) 
where the meaning of each parameter is the same as the above. Table 7 shows the correlation coefficient and residual standard deviation of the hybrid model of the typical measuring points of the pendulums of the dam body. The accuracy of the model is high. Table 8 shows the coefficients of the hydraulic component, temperature component, time effect component, and constant term of the hybrid model, that is, the coefficients in Equation (27) .
According to the results of the hybrid model, the deformation of Jinping-I arch dam during high water level impoundment was separated from the hydraulic component, temperature component, and time effect component. In this paper, the fitting value and separation amount of radial displacement hybrid model of all typical measuring points are calculated. Due to space limitation, the results of some typical measuring points of dam section are shown in Figure 17 . Figure 17 shows that the hybrid model established in this paper has reasonably high accuracy, and the radial displacement of symmetrical dam sections on the left and right banks is similar, which is in line with the actual situation. 
where the meaning of each parameter is the same as the above. Table 7 shows the correlation coefficient R and residual standard deviation S of the hybrid model of the typical measuring points of the pendulums of the dam body. The accuracy of the model is high. Table 8 shows the coefficients of the hydraulic component, temperature component, time effect component, and constant term of the hybrid model, that is, the coefficients in Equation (27) . According to the results of the hybrid model, the deformation of Jinping-I arch dam during high water level impoundment was separated from the hydraulic component, temperature component, and time effect component. In this paper, the fitting value and separation amount of radial displacement hybrid model of all typical measuring points are calculated. Due to space limitation, the results of some typical measuring points of dam section are shown in Figure 17 . Figure 17 shows that the hybrid model established in this paper has reasonably high accuracy, and the radial displacement of symmetrical dam sections on the left and right banks is similar, which is in line with the actual situation. 
Spatiotemporal Hybrid Model Results
The above-introduced is a single point model, which does not consider the spatial relationship among the measurement points. At the same time, the single point model does not fully reflect the overall situation, which will affect the analysis accuracy. Also, there will be too many hybrid models for each point. It is difficult to predict the deformation of dam position without measuring points. Therefore, combined with the relevant principles and contents of Equation (12) to Equation (20) , this paper proposes a spatiotemporal hybrid model of Jinping-I arch dam.
Considering that the thickness of Jinping-I arch dam is relatively thin, the coordinate value of Y direction changes little relative to X direction or Z direction. Therefore, the influence of coordinate change of X direction and Z direction on radial deformation measurement in space are considered to establish the spatiotemporal hybrid model. Equation (27) is simplified as:
A ln x l z n + C jkln θ j ·lnθ k x l z n
The spatiotemporal hybrid model established in this section includes the measured values of all the typical measuring points of pendulums of the dam body. That is, the spatiotemporal measured values of all the measuring points are taken into account in one specific spatiotemporal hybrid model. Table 9 shows the spatial location of typical measuring points of Jinping-I arch dam based on the spatiotemporal hybrid model. After standardizing the X and Z coordinate values, we can substitute them into Equations (15) and (28) as (x, z).
A ln x l z n (29) C jkln θ j ·lnθ k x l z n Table 9 . Spatial location of measurement points in spatiotemporal hybrid model.
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Points X (m) Z (m) Table 9 . Cont.
Dam Section Points X (m) Z (m)
By the way, in this section, on the basis of the original single point hybrid model, the newly added x and z coordinates are fitted with cubic polynomials, respectively, so the parameters of the spatiotemporal hybrid model have a 4 × 4 × 7 = 112 terms. Table 10 shows the correlation coefficient and residual standard deviation of the spatiotemporal hybrid model of the typical pendulums of the dam body. The correlation coefficient shows that the fitting accuracy is good, while the residual standard deviation is larger than that of the single point hybrid model. However, considering that the measured values of the spatiotemporal hybrid model include all the measured points, the fitting accuracy of residual standard deviation is still high in the spatiotemporal model. Table 11 shows the spatiotemporal hybrid model coefficients in detail. Figure 18 shows comparison nephogram between the measured value and calculated value of radial displacement of dam body on 31 December 2018. It can be seen from Figure 18 that the fitting effect of the model is good. To sum up, for all the typical measuring points in an arch dam, considering the factors of its spatial location, only a general spatiotemporal hybrid model is needed. The model is feasible and has high precision, which can basically be applied to the calculation of radial displacement of all positions on the dam body. It is of great significance for the safety monitoring of the arch dam.
Conclusions
In this paper, taking the deformation data of Jinping-I arch dam as an example, a spatiotemporal prediction model is established. The main research contents are summarized as follows: A ln (l, n = 0, 1, 2, 3) A00 A10 A20 A30 B jkln ( j, k = 0, 1, 2; l, n = 0, 1, 2, 3)
To sum up, for all the typical measuring points in an arch dam, considering the factors of its spatial location, only a general spatiotemporal hybrid model is needed. The model is feasible and has high precision, which can basically be applied to the calculation of radial displacement of all positions on the dam body. It is of great significance for the safety monitoring of the arch dam.
In this paper, taking the deformation data of Jinping-I arch dam as an example, a spatiotemporal prediction model is established. The main research contents are summarized as follows:
(1) This paper studies the representation methods of monitoring deformation data, and analyzes the characteristics of various methods. We should choose the spatial panel data representation if possible, which is more suitable on deformation data analysis. Aiming at data pollution, this paper puts forward the regressions of interpolation of spatial neighboring points and the spatial inverse distance weighted interpolation methods, both of which are applicable. We can choose the methods when the missing data is important; (2) Combined with the actual working behavior of Jinping-I arch dam, a hybrid model is established.
The FEM is used to calculate the displacement field of the dam and its foundation under the action of hydraulic pressure. The statistical model is still used for the other components.
The results show that the established hybrid model is feasible with high accuracy. During the dam operation, a hybrid model is necessary to be established to monitor the dam deformation at the measured points. (3) Considering the lack of space influence in the single measuring point hybrid model, the spatiotemporal hybrid model of radial displacement is established by using multiple measuring points in space and introducing the spatial coordinate variables. The specific spatiotemporal hybrid model includes the measured values of all the typical measuring points of pendulums of the dam body. The spatiotemporal hybrid model is much easier after it is built. The model can be basically applied to the calculation of radial displacement at any position on the dam body.
It can be proved that the established model is feasible, accurate, and applicable for the Jinping-I arch dam.
The methods mentioned above are applicable and of great significance for the safety monitoring of arch dams. However, in this paper, some extreme conditions (very cold winter or very warm summer) are not considered, which are worthy of further study.
